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rG (n) :=
Λ(m1 )Λ(m2 ),
m1 ,m2 ≤n
m1 +m2 =n

be the counting function of the Goldbach numbers and the counting function of the
prime tuples, respectively. Let N > 2 be an integer. We will find the explicit formulae
for the average of rG (n) in terms of elementary functions, the incomplete Beta function
Bz (a, b), series over ρ that, with or without subscript, runs over the non-trivial zeros of
the Riemann Zeta function and the Dilogarithm function. We will also prove the explicit
formulae in an asymptotic form and a truncated formula for the average of rG (n). Some
observation about these formulae and the average with Cesro weight
X
1
rG (n)(N − n)k , k > 0
Γ(k + 1)
n≤N

and
rP T (N, h) :=

N
X

Λ(n)Λ(n + h), h ∈ N

n=0

are included.
Rachida El Khalfaoui and Najib Mahdou
On rings with adequate range one

281-293

Abstract: In this paper, we study the class of rings with adequate range one and investigate the transfer of this property to various contexts of constructions such as pullbacks,
trivial ring extensions and amalgamation of rings. Our results provide new classes of

2
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Abstract: It is natural to ask, how many generators of the group (Z/pZ)∗ are also
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e
3
generators of (Z/pZ)∗ which are also generators of (Z/p` Z)∗ , ∀ ` ≥ 2.
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